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Abstract: We employ the known relation  to motivate the analytic continuation of

the Riemann zeta function obtained by Hasse and Sondow.

Key words: Hasse-Sondow’s expression  Analytic continuation of (s).

INTRODUCTION Then (3) implies the relation:

We have the following relation for the Riemann zeta
function [1]:

(1)

for example [2, 3]:

(2) obtained  by  Hasse  [4]  and  Sondow  [5, 6] for arbitrary

In Sec. 2 we manipulate (1) to obtain the analytic
continuation  of (s) deduced by Hasse [4] and Sondow REFERENCES
[5, 6], which allows determine it s  1

Hasse-Sondow’s formula Cambridge University Press.

From (1): an odd argument, Int. J. of Maths. and Comp. Sci.,
4(1): 21-30.

(3) the number of primes less than a given magnitude,

with the presence of the hypergeometric function [7]: 4. Hasse, H., 1930. Ein summierungsverfahren für die

(4) 5. Sondow, J., 1994. Analytic continuation of Riemann’s

It is simple to see that: Soc., 120(2): 421-424.

(5) 7. Seaborn, J.B., 1991. Hypergeometric functions and

That is [8, 9]:

(6)

s  1.
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3. Dittrich, W., 2018. Reassessing Riemann’s paper: On

Springer, Berlin.

Riemannsche -Reihe, Math. Z., 32: 458-464.

zeta function and values at negative integers via
Euler’s transformation of series, Proc. Amer. Math.

6. http://home.earthlink.net/~jsondow/

their applications, Springer-Verlag, New York.
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